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Problem 1. Let F : D → C satisfy the martingale identity.

a) Prove that if supI |F (I)| < ∞, then F is the martingale extension of an absolutely continuous Radon
measure.

b) Prove that if
∑

I |I||∆F (I)|2 < ∞, then F is the martingale extension of an absolutely continuous Radon
measure.

Problem 2. Let m be a Radon measure on [0, 1) and F its martingale extension. Show that∑
k∈Z

|m̂(k)|2 =
∑
I∈D

|I||∆F (I)|2

in the sense that if one of the two sides is finite, then so is the other and both sides are equal.
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